


Exercice 1

2) EnFCECEUF G
EnF = Existe 1 ceF

Axt ElF , xtE

⑳Donc EnFCE

EUF = [x : CE valEF3

Donc ELEUF

2) ECF Es Acc
, (ctE = xEF)

r = (x : x +b1xx 3
E = (x : x =&1xXE]

x + E => EF

x- F = x F

xXE = xtEs

(xXF =>xx E)

xXF = xt F = xtE

Donc ECF = 1 FLE

3) FIE = FRES

FLE = Ex : xEF 1x *E3

El = [x:* El

↑ 1E" =Gx :xF1xtEl] = [xixF1xxE] = FLE

4) F = (FRE) VIF1EY

FRE = [x : x + F 1x + E]
F Ec = [x : etF1x * El

If net VIfre = Ex:bef1xtE)1(xeF 1xxE)]
= (x : x tF(xtE 1x xEl
= [x : CEF3 = E

5) /EUFRG :CENG)vCEG

EUF = [x : xtE vxtF]
(EUF(1G = Gx : ( t EvxtF)1(xt 633

= (x : (x + E 1x ( G)v(xt F1x = 61}
= (16)v/FnG)



(E1F(uG = (Erb)n(FuG)
EMF = [x: xtE1xEF

(ENFIrc = Ex :PLExEF)rke -13
= [x : (x +EVx + G)1(x EF vetd]
= (Evf/1(FVG)

Exo 2

(1(m) = ( nwt
2B(m) = (2 Si mes

1A(m) = (B(m) = 1(= mt A 1MEB

(A(m) = (p(m) = 0()mx A1 MAB

1A(m) < 1B(m)()mA1m B

Alors
, on c :

(McA1 meB) v)mxA1m(B)v(mAnm =B)

()m +A = mtB1n(B = mxt

Donc ACB

Si me+
, (A(m) = 1B(m)

mxA()mX B

m = A(MtB

Donc A = B

L'aute façon de montzer.

On vient de monter que

si /111B ,
wo implique que ACB

21 = 2B() (1111121 = 1A

1i 1 (A = BCA

Donc BCA 1 ALB CA =B

2) [x = C - 1A

fanB = 11 . [B

inLinte.
LAXB = 1 A . 1



Exercice 3

1) i e 20
,

1 , 23

Ai = [3j + i : jEIN] Montzen que AoOAcOAz = IN

Ao = [3: JEIN3
An = [3j + 1 : jt IN]

Ac = 23j + 2: j tINY

Montrons que Ao
,
As , As out

l'ensemble wide comme intersection

Ao1Ac(c 3j = 3j + 1 FjEIN
Es 0 = 1 [s faux

Donc Ao 1Ay = 0

to 1A2( 3j = 3j +2 VjEIN
E0 = 2 (= s fac

Don Ao1Az = 0

Ac1AzEl 3j +2 = 3j +2 FjEI
Es 1 = 2 (= ) Faux

Donc AcMAc = @

Alors
,
it nouszeste à monter que AoVA, UAa = IN

Ao U Ac VAn = [3jv 3j + e v 3j +2 : jEIN]

Montions que VetIN,
x + AovAsvA

Eli
Tout nombre naturel

"

peut secrice comm

n = 34 + 2 on GEIN , 2 20, 2 . 23

siz = 0 donc neto

Si 2 = 2 don ntAl

Si 2 : 2 donc n + A2

Pon consequent IN = AoWAcUAe


